Dynamical Quarkonia Suppression in a QGP-Brick by Casalderrey-Solana, Jorge
Prepared for submission to JHEP
Dynamical Quarkonia Suppression in a QGP-Brick
Jorge Casalderrey-Solana
Departament d’Estructura i Constituents de la Matèria and Institut de Ciències del Cosmos (IC-
CUB), Universitat de Barcelona, Martí i Franquès 1, 08028 Barcelona, Spain
E-mail: jorge.casalderrey@ub.edu
Abstract: I address the effect that a temperature dependent potential has on the sup-
pression of heavy quarkonia states in deconfined hadronic matter. I focus on a simple
medium: a homogenous, fixed temperature and deconfined system with a finite lifetime
(QGP-brick). Assuming that all the interactions of a heavy quark anti-quark (Q− Q¯) pair
with the medium can be recast into an in-medium potential, I solve the time dependent
Schrödinger equation to evolve the density matrix which describes the hard pair produc-
tion and its connection to the final distribution of hadrons after the medium disappears.
For those temperatures in which bound states survive in the medium, I find a non-trivial
dependence of the production of excited quarkonia states on the in-medium levels, due to
the mixing of vacuum and in-medium wave functions. This mixing leads, in particular, to
the enhancement of the relative abundance of 2S to 1S states for those systems in which
the in-medium ground state of the Q − Q¯ system is dissolved or close to threshold. I also
explore quarkonia production in a non-homogeneous expanding medium and find that the
finite formation time effects arising from the low binding energies of in-medium states lead
to the insensitivity of the heavy mesons yield to the hottest part of the system evolution.
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1 Introduction
At temperatures of about Tc ≈ 175 MeV, QCD experiences a rapid cross over transition
into a deconfined state of matter, the Quark Gluon Plasma (QGP). While at asymptotically
high temperatures the QGP behaves as a free gas of quarks and gluons, in the vicinity of
Tc strong interactions among the colored plasma constituents remain, which complicate
the description of the medium dynamics. These interactions make the QGP an extremely
rich system, with strong collective phenomena which arise directly from an non-abelian
fundamental gauge theory. Therefore, the characterization of this region of the QCD phase
diagram has been the subject of intense theoretical and experimental research.
From the experimental point of view, this state of matter is studied by the ultra-
relativistic collision of heavy ions which form a hot and dense hadronic medium. At the
collision energies explored at RHIC and the LHC, the energy density of this medium is
sufficiently large to reach the deconfined phase at the early stage of the system evolution [1–
3]. One of the main tools available for determining the medium dynamics is its interactions
with hard probes. Among those, an important set is the different heavy quarkonia states
and their in-medium modifications [4]. The advantage of these probes is that the heavier
their constituents quarks are, the smaller the distances they probe so that their properties
can be described within a peturbative QCD framework and, thus, are under good theoretical
control. The interaction of these states with the medium leads to a modification of those
properties and even to their complete dissociation at sufficiently high temperatures, which,
in turn, leads to a suppression of quarkonium yields in nuclear collisions as compared to
their p-p counterpart.
Traditionally, due to the small b-quark production cross section at low collision energies,
most studies have focussed on charmonia states (such as the J/ψ). However, charm quarks
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are not sufficiently heavy for a reliable theoretical description, which leads to significant
uncertainties both in their production mechanism in nuclear collisions [5] as well as their
interactions with deconfined matter (see, [6] for a recent review), what complicates data
interpretations. In addition, the abundance of c− c¯ produced in the collision also leads to
recombination effects [7–10] which also obscure the use of these states as medium probes.
Therefore, while J/ψ states suffer a strong suppression in hadronic collisions [11–16], the
suppression pattern is still puzzling; a particularly surprising example of these puzzles is the
recent preliminary data of ψ(2S) production in Pb-Pb collisions at the LHC [17] which show
an abnormal enhancement of ψ(2S) relative to J/ψ states, which seem at odds with the
sequential dissociation of the different quarkonia levels. Fortunately, data on bottomonium
suppression have recently become available both at the LHC [16] and at RHIC [18] opening
a much more theoretically controlled channel.
The theoretical description of in-medium quarkonia properties has also experienced
significant progress in recent years. Contrary to early expectations, current lattice analyses
of charm and bottom current-current correlators indicate that quarkonia states survive
the deconfinement phase transition up to a temperature slightly higher than Tc [19–25].
Although the determination of chamonium and bottomonium spectral functions is still
under intense theoretical investigation, there is a consensus that, at least, the bottomonium
ground states survive to a temperature as high as T = 2Tc, which is comparable to the
highest temperatures reached at the LHC, while other excited states dissolve at a lower
temperature. The situation for the in-medium J/ψ is less clear, but indications from the
lattice suggest that it is totally dissolved at T < 1.5Tc [25].
Complementary to lattice studies, potential models have been extensively used to de-
scribe the properties of finite-temperature quarkonia states [26–36]. In this approach the
interactions among the heavy quarks in the bound states are encoded by an inter-quark po-
tential and the different estates correspond to the non-relativistic levels of the corresponding
Schrödinger equation. In the vacuum, since the potential can be directly extracted from
lattice calculations [37], this approach provides a good description of the different vacuum
quarkonia states [38]. In the medium, the main assumption is that all the interaction of
the heavy pair with the plasma degrees of freedom can be codified in a medium-modified
potential. However, contrary to the vacuum case, this temperature dependent potential
is not easy to extract from the lattice [39, 40] and most studies rely on phenomenological
potentials adjusted to describe lattice correlators. In recent years, effective field theory
approaches have put this potential description in firm theoretical grounds [41–43], clarify-
ing the region of validity of the potential assumption at finite temperature. The explicit
determination of the potential at sufficiently high temperature, such that the plasma dy-
namics are perturbative, have, in fact, led to the unexpected conclusion that in-medium
potentials develop imaginary parts as a result of the destruction by the plasma of singlet
Q− Q¯ contributions [39, 40].
The in-medium properties of quarkonia extracted from the static studies above serve
as an input for dynamical models of quarkonia production in ultra relativistic collisions.
Over the last years the description of J/ψ production in these collisions has led to a great
body of work which accounts for a large variety of physical processes of relevance to this
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production (see [6] and references therein for a comprehensive review). More recently, the
LHC capabilities for a detailed study of the Υ family suppression have led to several studies
focussed on these mesons [44–47]. In this work I will also address the suppression of heavy
mesons by focussing on the effect a temperature dependent potential has on the production
of quarkonia states in a deconfined hadronic matter. For simplicity, I will restrict myself
to a deconfined medium with a fixed temperature which interacts with a heavy Q− Q¯ pair
during a finite time (QGP-brick). The pair is generated by a generic hard process and I will
assume that the production is dominated by color singlet configurations. Contrary to other
approaches, I will not rely on adiabatic approximations for the in-medium states, but I will
address the suppression dynamically by solving the time dependent Schrödinger equation
without assuming the dominance of any in-medium state.
The paper is organized as follows: In section 2 I describe the two simplified sample
potentials which I used in substitution of the unknown in-medium potential in the region
of interest and which mimic some of the main features expected from this potential. In
section 3 I describe the QGP-brick set-up. The formalism I have used to connect the
hard production to the solutions of the time-dependent Schrödinger equation is described
in subsection 3.1 and in subsection 3.2 I solve numerically the time dependent Schrödiger
equation and compare the quarkonia production in vacuum and in medium for 1S and 2S
states. Subsequently, in sections 4 and 5, having in mind heavy ion physics application,
I study the effect of a time and spatial variation of the in-medium potential. Finally, I
discuss the main findings of this study in section 6.
2 Two Simple Models for the in-Medium Potential
Potential models have long been used to describe the properties of different quarkonia states
in QCD plasma [26–35]. As already mentioned, the main assumption of this approach is
that the interactions of the Q − Q¯ pair with the thermal medium can be recast into a
temperature dependent in-medium potential. While in recent years effective theory methods
have led to a theoretical justification of this phenomenological approach in a certain limit
(1/rB ∼ µD  Eb, with rB and Eb the Bohr radius and binding energy of the state and
µD the Debye screening length of the plasma) [41–43], the functional form of the thermal
potential for temperatures slightly higher than Tc remains unknown. Several studies based
on phenomenologically motivated potentials have led to a remarkably good agreement with
lattice data on heavy quark correlation functions [33–35]. In most of these analyses, the
in-medium potential is taken to be real and somewhat related to the singlet free energy
computed via lattice QCD. However, in recent years perturbation theory analyses have
shown that the in-medium potential does not need to be real since the interaction with the
colored medium can change the color state of the pair, effectively reducing the probability
of the pair to remain in a color singlet state [39, 40]. While for the region of interest the
perturbative expression for the potential is not reliable since in the vicinity of Tc the coupling
is not small, the many body effect described above exist beyond a perturbative treatment
and leads to an imaginary part for the singlet potential, which leads the disappearance of
singlet states in plasma.
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Figure 1. Left: Binding energy of the 1S (lower curve) and 2S (upper curve) states of the Yukawa
potential, eq. (2.1), in units of the vacuum ground state anergy, Eb = α2M/4 as a function of
the Debye screening length µD. Right: Spectral function associated to the Yukawa potential (in
arbitrary units) as a function of the energy ω, for different values of 2µD/αM = 0, 0.15, 0.3, 0.5, 0.9
for the thin, dashed, dotted, dash dotted and solid lines respectively.
Given the absence of an explicit form of the in-medium potential for the region of
interest, in this work I will focus on the effect on quarkonia production of two toy-model
potentials which mimic some of the most important features of the in-medium dynamics
without any attempt to reconcile these potentials to lattice computations of the spectral
function. Since this approach will already prevent me from a direct comparison with quarko-
nia suppression data on heavy ion collisions, I will further assume, for simplicity, that the
vacuum quarkonia states are described by coulombic wave functions; while this is a rea-
sonable approximation for sufficiently heavy quarks, significant deviations are found for
realistic quark masses.
Since the relative magnitude of the imaginary part of the potential in the vicinity of
Tc is currently unknown, I will explore a (real) Yukawa potential, which encodes the color
screening effects in the plasma.
VR(r) = −αe
−µDr
r
, (2.1)
with µD the Debye screening length of the plasma, which characterizes the thermal state and
α an adjustable parameter. This potential coincides with the real part of the perturbative
potential, up to a constant which is irrelevant for the temporal evolution. According to our
assumption on the vacuum wave functions, we will consider the coulomb potential µD = 0
as the vacuum potential.
The screening of the quark color charge in the plasma leads to the disappearance of
the in-medium quarkonia states. By solving the eigenvalue problem for different values
of µD, the biding energy of the ground state and the first excited state are determined.
Their binding energies as a function of µD are shown left panel of fig. (1). According to
general expectations, excited states dissolved at lower plasma temperatures than the ground
state. In the right panel of fig. (1) I show the spectral function G of the corresponding
Schrödinger equation (see [33] for details on how to compute this spectral function). For
illustration porpoises, we have evaluated it at ω = E− i with  = 0.02Eb and Eb = α2M/4
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Figure 2. Left: Real (solid) and imaginary (dashed) part of the binding energy of the 1S (lower
curve) and 2S (upper curve) states of the complex potential, eq. (2.2)m in units of the vacuum
ground state anergy, Eb = α2M/4 as a function of the Debye screening length µD. Right: Spectral
function associated to the same potential (in arbitrary units) as a function of the energy ω, for
different values of 2µD/αM = 0, 0.15, 0.3, 0.5, 0.9 for the thin, dashed, dotted, dash dotted and
solid lines respectively.
the binding energy of the vacuum ground state. At zero temperature (thin solid line), the
spectral function shows several energy levels (the higher n excitations overlap because of
the finite value of ). As the Debye screening length increases, the excited states disappear
and the ground state moves towards threshold. The reduction of the biding energy is
accompanied by a reduction of the spectral strength, which coincides with a reduction of
the modulus of the in-medium wave function at the origin. Quarkonia states are, thus,
expected to be suppressed in the medium even if they remain bound at finite temperature.
In order to study the effect of a complex in-medium potential, I also analyze a potential
which differs from the Yukawa one, eq. (2.1), by an imaginary part
VI(r) = −α
(
e−µDr
r
+ iµD φ(µDr)
)
, (2.2)
with
φ(r) =
∫ ∞
0
dz
z
(z2 + 1)2
(
1− sin(zr)
zr
)
, (2.3)
which coincides with the functional form of the imaginary part of the perturbative potential
[39, 40]. In comparing with the potential in [39, 40] the reader may notice a different
normalization of the imaginary contribution in eq. (2.2). While in perturbation theory the
prefactor of φ is given by the temperate scale, T, in this work, for simplicity of the analysis,
I have used µD instead. Since in the region of interest we expect µD . T , this expression
will give a reasonable estimate of the effect of the imaginary part on quarkonia suppression.
In the rest of this paper, I will always assume that µD is of order T and use one or another
simultaneously.
Thermal effects for this potential are twofold. The screening of the quark color charge
leads to the disappearance of bound levels as in the previous case; additionally, the complex
potential introduces an imaginary part to the poles of the spectral density. Thus, the
eigenvalue problem for the potential in this case leads to complex eigenstates; in the right
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hand side of fig. (2) I show the real and imaginary part of the ground and first excited
states. The comparison of the real part of the biding energy with those of the real potential,
fig. (1), shows that the complex potential is more effective in dissolving the bound states;
additionally, the imaginary part of the eigenstates grows and becomes as large as the real
one well before the bound state is dissolved. These imaginary eigenvalues are reflected in
the broadening of the peak structures in the spectral density shown in fig. (2). The spectral
density also shows that, in addition to the faster level disappearance, the spectral strength
of the state is reduced faster for the imaginary potential than for the real one; thus, we
expect that the complex potential eq. (2.2) will lead to a stronger quenching of quarkonia
states than the real potential eq. (2.1).
3 The QGP-Brick
The spectral functions computed in the previous section encode the distribution of quarko-
nia states at fixed temperature (or µD) in equilibrium. If the medium described by the
potentials eq. (2.2) and eq. (2.1) would be sufficiently large and exist for a sufficiently long
time, the asymptotic distribution of quarkonia states would be a thermal distribution ac-
cording to that spectral function and independent of the origin of the Q− Q¯. Furthermore,
for these long media, the dilepton rate in the region of invariant mass of order 2M would
be directly related to those spectral functions. However, for any realistic application the
medium is finite and short-lived. Thus, the study of not only the pre-asymptotic dynamics
but also the modification of the formation of the long-lived vacuum quarkonia states by the
presence of a finite medium are of relevance for the understanding of quarkonia production
in a heavy ion environment.
To study those processes, I will first study quarkonia production in a homogeneous
medium at fixed temperature with a finite lifetime after which the temperature drops
abruptly to zero. The spacial extent of the medium is taken to be large, much larger
that the in-medium radius of bound states. I will assume that a Q − Q¯ pair is formed
within the medium via a hard process at a time t0 = 0 and interacts with it during a
finite time t after which the medium disappears. After this time, the evolution occurs as
in vacuum. In analogy with the jet quenching studies, where a similar set-up was used to
analyze the differences among the available quenching models, I will call this set-up, which
I have sketched in fig. (3), a QGP-brick.
3.1 Quarkonia Production from a Hard Process
I focus in the production of quarkonia states from a hard process which takes place within
the QGP-brick. For sufficiently heavy quarks (Mq  ΛQCD), this process can be factorized
into a short distance behavior, described via perturbation theory, and a long distance, non
perturbative matrix element. The production cross section of a state S is expressed as [48]
dσ(S) =
∑
n
dσ(QQ¯([n]))
〈
QQ¯([n])→ S〉 , (3.1)
where dσ(QQ¯([n])) is the perturbative production cross section of aQ−Q¯ pair with quantum
numbers n and
〈
QQ¯([n])→ S〉 is the soft matrix element which projects a given Q − Q¯
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Figure 3. Sketch of the QGP-Brick set up. At initial time a Q− Q¯ pair is formed in the medium
via a hard process that occurs within a short time tH ∼ 1/M . At a later time of order the inverse
binding energy, the soft interactions lead to the formation of quarkonia states from the pair, which
are influenced by the presence of the medium. At a later time t, the medium disappears and the
Q− Q¯ system projects into vacuum quarkonia states.
pair into the state S. The set of quantum numbers n does not need to coincide with the
quantum numbers of the final state. However, for sufficiently heavy quarks, for which the
relative velocity v of the Q− Q¯ pair is very small, the contribution of those configurations
with quantum numbers different from those of the state S are suppressed by powers of v.
Therefore, in the rest of the paper I will neglect those corrections 1. In the particular case
of vector S-wave states (such us J/ψ or Υ) the production cross section is reduced to
dσ(S) ≈ dσ(QQ¯([3S1]))
〈
QQ¯([3S1])→ S
〉
. (3.2)
I will also assume that the heavy quarks are much heavier than any medium scale, in
particular, M  T . Thus, since the hard part of the production cross section takes place
within a space-time region of typical size 1/M , which is, by assumption, much smaller than
any medium scale, the presence of the plasma cannot alter this part of the production
process, and dσ(QQ¯([3S1])) remains the same irrespectively of wether the production takes
place in the vacuum or within a medium.2 Within this approximation, plasma effects are
only present in the late time projection of the Q − Q¯ pair into the particular quarkonia
state. For sufficiently heavy quarks, potential non-relativistic QCD (pNRQCD), which
describes the dynamics of softMv2 modes can be used to determine these matrix elements.
1These include the contribution of color octet states; I am, thus, restricting myself to a color singlet
model of quarkonia production.
2With this approximation I am also neglecting quark energy loss effects on quarkonia production. While
these do not change significantly the production rate, they can alter the momentum distribution of the
observed states.
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In this approach, the quarkonia dynamics are described via the solution of the Schrödinger
equation with a given inter-quark potential and the matrix element is determined from the
Q− Q¯ pair wave function.
For central Q − Q¯ potentials, the center of mass dynamics of the pair decouples and
the matrix element is only dependent on the equivalent one body problem. From the point
of view of the soft dynamics, the hard production can be described via a Wigner function
for the Q − Q¯ pair, WH (r,q), with r and q the relative position and momentum of the
pair at an initial time t0 within the box. Due to the uncertainty principle, t0 cannot be
determined with an accuracy larger than 1/M but, since I have assumed that this scale is
much smaller than any medium or bound state scale, I will neglect this uncertainty. From
the Wigner function, the initial one body density matrix is given by
ρH
(
r− y
2
, r +
y
2
; t0
)
=
∫
dq
(2pi)3
eiqyWH (r,q) . (3.3)
Independently of the particular process that leads to the production of a Q − Q¯ pair
within the medium, since the process is hard, the typical momentum of each of the quarks,
p, is large M . p. Thus, the typical relative quark momentum is also much larger than
the inverse bound state radius and, from the point of view of the soft matrix element, only
the q → 0 limit of WH is relevant for the production of bound states, which leads to an
approximate initial density matrix given by
ρH
(
r− y
2
, r +
y
2
; t0
)
= ρ0(r)δ (y) . (3.4)
Furthermore, since the hard process takes place at very small distances I will approximate
the function ρ0(r) by a δ-function at the origin, ρ0(r) ∝ δ(r).
As the Q− Q¯ pair propagates, the density matrix eq (3.4) evolves via a non-relativistic
hamiltonian, since the late time interactions are soft as compared to the pair mass. At any
given time t > t0 the different particle yields can be obtained by projecting the evolved
density matrix into the single state density matrix
YS ∝ Tr (ρH(t)ρs) = Tr (ρH(t0)ρs(t− t0)) , (3.5)
with ρs = |S〉 〈S| and |S〉 the quarkonium estate of interest. In the second equality above
I have used the cyclicity of the trace to define
ρs(t− t0) =
(
e−iH(t−t0)
)† |S〉 〈S|(e−iH(t−t0)) = ∣∣∣S˜〉〈S˜∣∣∣ , (3.6)
where
∣∣∣S˜〉 is the (backwards in time) evolved wave function. Taking t0 as the evolution
variable and performing the change t˜ = t − t0 this wave function satisfies the (hermitian
conjugate) Schrödinger equation:
− i∂t˜ψ˜(t˜, r) = −
∇2
Mq
ψ˜(t˜, r) + V †(r)ψ˜(t˜, r) , (3.7)
with ψ˜(t˜, r) =
〈
r|S˜
〉
and initial condition ψ˜(0, r) = 〈r|S〉.
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Combining eq. (3.4), eq. (3.5) and eq. (3.6), the yield of quarkonia production after a
time of propagation t is given by
YS ∝
∣∣∣ψ˜(t− t0, r = 0)∣∣∣2 . (3.8)
In the vacuum, the inter quark potential is hermitian and the modulus of the the wave
function at the origin remains constant as time changes. Thus the expression above coin-
cides with the standard matrix elements for the computation of quarkonia states [48]. For
the production in the medium-brick, the situation is more complicated, since the interaction
with the QGP fields changes the potential during the time extent of the medium; further-
more, when the Q − Q¯ leaves the QGP-brick, the potential changes abruptly back to the
vacuum expression. If all the thermal effects on the Q−Q¯ system can be expressed in terms
of a medium-modified potential, the complicated dynamics of the production process in this
set up can be addressed by solving the time dependent Schrödinger equation, eq. (3.7) once
the explicit form of the potential is known.
3.2 Quarkonia Suppression in a QGP-Brick
Since after the particle leaves the brick the yield of the different states remains constant,
in order to determine the production of quarkonia in the system it is enough to compute
the evolution of the hard density matrix up to the time t when the medium disappears.
Following the previous discussion, the yield of a given state is obtained by (numerically)
solving the time dependent Schrödiger equation, eq (3.7), with the in-medium potential,
eq. (2.2) and eq. (2.1), starting at t˜ = 0 with its vacuum wave functions and computing the
value of the evolved wave function at the origin at time t. From this solution I determine
the yield suppression by the medium, which I express, as customary in heavy ion physics,
as the ratio of the yields after the QGP-brick to the one in vacuum
RS =
YS(µD)
YS(µD = 0)
. (3.9)
In the left panel of fig. (4) I show the suppression of the S-wave ground state (1S)
for different values of µD as a function of the time duration of the box in units of the
inverse period of the ground state wave function T = 2pi/Eb, which I will identify as
the formation time. For very small brick lifetimes, less than one period, the suppression
is relatively modest for all values of µD. At later times and as long as the in medium
potential supports a bounded ground state, the yield suppression saturates to a constant
value, which is determined by the value of the in-medium wave function at the origin and
the overlap of those wave functions with the vacuum ground state. As µD grows, the late
time suppression also grows, since the in-medium states becomes wider as they approach
threshold, reducing both the value of their wave function at zero and the overlap with the
vacuum wave function. When µD is so large that the ground states disappears (not shown)
the late time yield tends to zero.
I have also performed a similar analysis for the suppression of the next vacuum state,
the 2S level. In the right panel of Fig (4) I show the double ratio of the suppression factor of
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Figure 4. Left: Yield suppression of the ground state level as a function of the lifetime of the
QGP-brick, t, in units of the vacuum ground state period T = 2pi/Eb. Right: Double ratio of
the suppression factors of 2S and 1S states as function of the lifetime of the QGP-brick. Both
calculations are for the real potential eq (2.1) with 2µD/αM = 0.15, 0.3, 0.5, 0.9 for the dashed,
dotted, dash dotted and solid lines respectively.
the 2S state to the 1S estate. Note that for only one of the cases considered, µD = 0.15αM/2
(dashed line in fig. (4) ) the in-medium potential supports 2S bound level and the medium
modifications are small. As the temperature rises, a modulation in the double yield ratio
appears. The physical origin of this is simple and it is due to the non-zero overlap of the
vacuum 2S state with the in-medium ground state, which for this potential survives for
all the shown values of µD. The period of oscillation is given by the in-medium ground
state energy and the amplitude is controlled by the interference between the in-medium
continuous states and the ground state, which disappears at later times since the former
states are delocalized. Quite remarkably, this double ratio can be larger than 1, showing
a relative enhancement of 2S to 1S states. This is particularly dramatic in the highest
temperature case, for which the bound states are loosely bound. This behavior continues
at even higher temperatures, when all states are dissolved and it is due to the fact that the
vacuum 2S state is wider than the ground state and has a larger overlap with the in-medium
continuum. However, I emphasize that despite the relative enhancement, in this situation
both the 1S and 2S states are strongly suppressed as compared to the vacuum.
The introduction of an imaginary part to the potential leads to some distinct features
in the suppression pattern of the QGP brick. As shown in the left panel of fig. (5), for the
same values of µD, the complex potential, eq. (2.2) is much more effective in suppressing
quarkonia. Contrary to fig. (4), for this potential the late time suppression does not saturate
to a constant, but continuously increases due to the finite width of the in-medium states.
In fact, at these late times, the dynamics of the in-medium ground state is dominated by
this absorption. This is demonstrated in the right panel of fig. (5), where I show the ratio
of the numerically computed suppression divided by the expected absorption rate due to
the width Γ of the in-medium ground state for the values of µD for which it survives. As
shown by the plot, after the formation time of the meson the absorption is indeed given by
the in-medium width up to an overall shift, which is due to the early time suppression.
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Figure 5. Left: Yield suppression of the ground state level as a function of the lifetime of the QGP-
brick, t, in units of the vacuum ground state period T = 2pi/Eb for the complex potential eq (2.2)
for different values of µD, 2µD/αM = 0.15, 0.3, 0.5, 0.9. Right: Comparison of the suppression
factor to the attenuation of the yield expected from the imaginary part of the lowest in-medium
mode for the previous values of µD which support an in-medium state.
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Figure 6. Left: Double ratio of the suppression factors of the 2S and 1S states as a function of the
lifetime of the QGP-brick, t, in units of the vacuum ground state period T = 2pi/Eb for the complex
potential eq (2.2) for different values of µD, 2µD/αM = 0.15, 0.3, 0.5, 0.9. Right: Comparison of
the suppression factor to the attenuation of the yield expected from the imaginary part of the 2S
in-medium mode for the only value of µD which supports a bound 2S state.
In the left panel of fig. (6) I show the double ratio of suppression of the 2S to 1S
state for this imaginary potential. For the three highest values of µD shown, for which the
potential does not support a 1S level, the late time ratio is constant, which means that
both the 2S and 1S yields fall at the same rate. Similarly to the real potential case, this is
due to the fact that when the in-medium 2S level is absent, the production is dominated
by the overlap with the in-medium 1S. Once again, the typical time scale to reach to this
asymptotic behavior is given by the ground state period. As in the real potential case, the
asymptotic value grows with µD. Even though the double ratio does not go above one for
any of the shown values, I have checked that further increasing µD leads to an enhancement
over the vacuum, as in the previous case, but such that each individual yield is strongly
suppressed.
The effect of the observed level overlap is also present for colder media, in which a 2S
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level exist. In the right panel of fig. (6) I compare the numerically computed suppression
factor to the absorption rate due to the imaginary part on the in-medium level. Contrary
to the ground state, the rate is not saturated by the in-medium level, and there are large
oscillations around this decay. The period of those agrees, in fact, with the real part of the
in-medium 1S level. Furthermore, since the imaginary part of the 1S level is smaller than
the 2S one, the ground state contribution grows at late times.
In summary, by comparing the suppression patterns of a medium-brick characterized
by a real quarkonia potential to that of a potential with an imaginary part with the same
screening parameter µD I have shown that the non-unitarity effects introduced by the com-
plex potential are very efficient in suppressing quarkonia. Even a relatively small imaginary
part has dramatic consequences in the late time suppression of quarkonia, specially for long
lived medium-bricks. On the contrary, for short lived bricks, with a lifetime less than the
formation time, the differences between these two models of the medium are not so dra-
matic. Additionally, I have shown that even though the ground state suppression pattern is
easy to understand in terms of in-medium bound states, the suppression of excited states,
such as 2S-wave levels, have a much richer structure which arises not only from the contri-
bution of the corresponding 2S in-medium level, but also from the ground state, which in
some cases become dominant.
4 Quarkonia Suppression in an Expanding Medium
The analysis of the static brick in the previous section, in which the medium parameters are
fixed during the medium lifetime, shows that the in-medium suppression patterns develop
in a characteristic time of the order of the ground state period. A simple estimate of these
times for chamonium and bottomonium bound states yields typical formation times T of
few fm, which having in mind any heavy ion physics applications, are large, comparable to
the whole fireball lifetime. Thus, in this section I will extend the analysis to an "expanding"
brick, for which I mean a spatially infinite homogeneous medium whose properties change
continuously with time, till the medium completely disappears at a given time. I will
assume that the internal processes in the medium are sufficiently fast to keep the medium
thermalized during the expansion. Motivated by the dynamics of boost invariant plasmas,
a common approximation in describing hydrodynamic evolution in heavy ion collisions, I
will assume a time dependence of µD given by
µD(t) = µD0
(
τ0
t+ τ0
)1/3
, (4.1)
with µ0 the initial value of the Debye screening length and τ0 a thermalization time param-
eter which I will take to be τ0 = 0.4 fm. To mimic the deconfinement transition, I demand
that the brick lifetime coincides with the time in with µD = 175 MeV, the phase transition
temperature, where I am assuming, as already mention in section 2, that in the vicinity of
Tc, µD ≈ T . In a real expansion, the hadronic medium does not cease to exist after the
system reaches Tc. However, after this time the in-medium modifications of quarkonia are
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Figure 7. Suppression factor of the 1S state in a finite lifetime expanding medium as a function
of the initial value of the µD parameter for both the real (dashed) and complex (solid) potentials.
The left and right panels correspond to Υ and J/ψ suppressions respectively.
much smaller, since the medium is confined. In this simplified approach I am neglecting
the interaction of quarkonia states with the dense hadronic medium after the transition.
To study the effect of the expanding and deconfined medium into the different quarkonia
states, I need to set physical values for the wave function parameters. Since given the
many assumptions of this exploratory work I will not be able to make direct contact with
experimental data, I will restrict myself to the coulombic wave functions used in the previous
analysis without questioning how approximate they are to those of a realistic potential. To
fix the scale, I will equate the r.m.s of the coulombic wave function, rrms =< r2 >1/2,
to the one of wave function computed with a realistic vacuum potential [32, 38]. Using
rrms = 0.5 , 0.3 fm for J/ψ and Υ respectively, the effective α is different for charm and
bottom bound states, α = 1 , 0.5 respectively. This value also sets the binding energies
of both ground states, Eb = 0.32, 0.26 GeV for J/ψ and Υ. These binding energies are
low as compared to the binding energies of vacuum J/ψ and Υ states Eb ≈ 0.7, 1 GeV,
respectively; however, they are close to the in-medium binding energies right above TC
extracted from potential model description of lattice heavy quark current-current correlators
[34, 35], which is the relevant scale for describing the decorrelation among different in-
medium states. Nevertheless, because of this mismatch, all the time scale estimates in this
work should be taken as indicative.
I now repeat the analysis in the previous section with the time dependent potential
arising from the use of eq. (4.1) in eq. (3.7) and eq. (2.2). As in the static case, I evolve
the vacuum wave functions with the Schrödinger equation, eq. (3.7), up to the final time,
defined by µD = Tc. In fig. (7) I show the suppression of the Υ (left) and J/ψ (right) states
both for real (dashed) and complex potentials (solid), as a function of the initial screening
length µD0. As expected from the analysis of the static medium, the complex potential
is much more effective in suppressing quarkonia states than the real one. While the real
potential leads to a moderate suppression both for J/ψ and Υ, the complex potential leads
to a larger suppression with a stronger dependence on the initial µD value. Note that with
the current choice of parameters, for the most part of the evolution the value of µD at any
time is smaller than the dissociation value, inferred from fig. (2). The suppression pattern
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Figure 8. Double ratio of the suppression factors of the 2S to 1S states in a finite lifetime expanding
medium as a function of the initial value of the µD parameter for both the real (dashed) and complex
(solid) potentials. The left and right panels correspond to Υ and J/ψ suppressions respectively.
observed is, in fact, a consequence of the transient behavior appearing at short times in the
fixed µD calculations of the previous section, since for µD0 < 0.5 GeV the lifetime of the
medium is smaller than T .
In fig. (8) I show the double ratio of the suppression factors of 2S and 1S states.
Contrary to the fixed temperature calculation, neither for the Υ nor J/ψ case the double
ratio is significantly larger than one, despite of the fact that, at least for J/ψ, the highest
values of µD are sufficiently large to expect an enhancement. The reason for this lack
of enhancement is that even for the hottest initial medium, the fast evolution at early
times makes µD to drop significantly within the transient time, T . Thus, the final yield is
dominated by low values of µD for which, within the current parameter set, the 1S states
are bound. Note, however, that because of my simplified choice of in-medium potentials,
quarkonia states survive till large values of the µD, in contrast with other more realistic
potential model calculations [33, 34]. Nevertheless, this calculation shows the insensitivity
of the suppression pattern to the very early stages of the evolution, where the temperature
is the highest, as a consequence of the finite formation time of the different quarkonia states.
5 Quarkonia Suppression in a non-Homogenous Expanding Medium
Since there is a non-trivial relation between the static brick studied in section (3.2) and the
expanding case of the previous section, I will now investigate the effect of a non-homogenous
temperature profile in the final quarkonia production rate after a finite time in the hot
medium. Having in mind ultra relativistic heavy ion collision applications, I will consider
a medium of finite spacial extent with varying initial µD0 which expands at a (local) rate
given by eq. (4.1). In this study, the initial parameter µD0 becomes position dependent;
however I will assume that the typical size of in-medium bound states is small as compared
to the typical variation of the µ-profile of the medium and neglect the spatial variation of
the in-medium hamiltonian.
As a simplified model for the medium formed after the collision of the two heavy nuclei
I will use a hard spheres model with a strong longitudinal expansion but no transverse
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Figure 9. Suppression factor of the 1S state for the spherical nuclei collisions as a function of
impact parameter b for both the real (dashed) and complex (solid) potentials. The left and right
panels correspond to Υ and J/ψ suppressions respectively.
dynamics. Right after the collision, there is a non-vanishing temperature profile inside the
overlap region of the two spheres. At any impact parameter b, this profile is given by
µD = C (TA((x− b/2), y) + TA((x+ b/2), y)) (5.1)
with TA(x, y) =
∫
ρ(x, y, z)dz the thickness function of the nuclei of density ρ and C a
proportionality constant. For this study, I will set C by demanding that in central collisions
(b = 0) the highest value of µD = 0.7 GeV. This procedure assigns to every point in the
transverse plane of the overlap region a non-vanishing value of µD which decreases as the
point is further away from he center of that region. As in the previous sections I will assume
that if µD < 0.175 GeV there is not a substantial modification of the in-medium potential
and for all those points of the transverse plane for which eq. (5.1) yields values smaller than
Tc I set µD = 0. For all the other points, µD decreases with time as dictated by eq. (5.1).
Having determined the µD profile, I also need to specify the distribution of production
points of the Q − Q¯ pairs. Without specifying the microscopic mechanism that leads to
the creation of pairs in singlet state, I will assume that the probability of production scales
with the number of binary collisions
P ∝ TAA(x, y; b) (5.2)
with TAA(x, y; b) = TA(x − b/2, y)TA(x + b/2, y) defined as usual. I will also assume that
the Q − Q¯ pair is produced mostly at rest and leave the momentum dependence of the
suppression for a future study. Thus, the effective hamiltonian governing the soft dynamics
of the pair is controlled by the local temperature at the production point and its subsequent
time evolution. Averaging over the overlap region I obtain the yield of the different states
associated to this simplified model of nuclear collisions.
In fig. (9) I show the suppression factor of 1S states for the spherical nuclei collisions
obtained by comparing the in-medium production to the production obtained with the
vacuum potential. In the left (right) panel I show the production rate for the Υ 1S (J/ψ)
for the two model potentials as a function of the impact parameter. As inferred from the
– 15 –
0 2 4 6 8 10 120.0
0.2
0.4
0.6
0.8
1.0
1.2
b HfmL
R 2
sR
1
s
0 2 4 6 8 10 120.0
0.2
0.4
0.6
0.8
1.0
1.2
b HfmL
R 2
sR
1
s
Figure 10. Double ratio of the suppression factors of the 2S to the 1S state for the spherical
nuclei collisions as a function of impact parameter b for both the real (dashed) and complex (solid)
potentials. The left and right panels correspond to Υ and J/ψ suppressions respectively.
fixed µD studies, the complex potential is much more effective in suppressing both quarkonia
states while the real potential leads to a modest suppression in both cases. As expected,
since J/ψ states melt at a lower temperature than the Υ ground state, the suppression is
larger for the former than from the latter. For the particular parameter set in this study,
the in-medium potential supports bound 1S Υ and J/ψ states in most of the evolution
and is only able to dissolve the J/ψ for the hottest part of the most central collisions.
However, and in spite of the different dissociation temperatures, the nuclear absorption is
approximately constant until similar values of the impact parameter, b ∼ 8 fm. This fact is
a consequence of the long formation time of the in-medium bound states, since increasing
b leads to a shorter lifetime of the fireball. For the collision model I have considered, b = 8
fm corresponds to the the largest impact parameter for which the fireball lifetime is longer
than the quarkonia formation time.
In fig.. (10) I show the double ratio of the suppression factors of the 2S to the 1S levels
for the Υ and J/Ψ families both for real and complex potentials. As in all the previous
cases, the complex potential is more effective in suppressing 2S quarkonia states. As for the
ground state case, the b dependence of the suppression is relatively featureless. For b < 6 fm,
the double ratio decreases slightly as b increases. This is a consequence of the hotter fireball
in more central collisions and the observation made in section (3.2) that as the in-medium
ground states moves towards threshold, there is an enhancement in the relative production
of 2S to 1S states. However, contrary to the fixed temperature cases in section (3.2), this
double ratio does not significantly cross unity for any b. As in the expanding case, this is
a consequence of the particular choice of parameters in this articles, since for most of the
evolution the potentials I have considered support a bound level. As already mentioned,
this feature is in contrast with lattice studies of charm current-current correlators which
indicate the dissolution of J/ψ states soon after Tc. Finally, as for the ground state case,
the double ratio rises for b ∼ 8 fm, showing once again that this non-trivial behavior is due
to the lifetime of the fireball as compared to the meson formation time.
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6 Discussion
Following the potential model approach to in-medium heavy quarkonia physics, the main
assumption of this work is that all relevant interactions of a heavy quark pair with the
QGP can be recast in a temperature dependent potential. In particular, I have assumed
that all level dissociation effects by plasma interactions with the pair can be encoded in
the potential without demanding additional processes. If the medium is described by a
real potential, the interactions lead to a reorganization of levels which are conserved in the
medium. On the contrary, complex potentials naturally include dissociation processes, such
as the Landau damping (see [6] for a discussion on the different dissociation process), in
the imaginary par of the potential. With this approach I have calculated the suppression
pattern of different quarkonia states by a finite lifetime medium interacting with a heavy
Q− Q¯ pair produced by some hard process in a singlet state.
Potential models have the advantage that, once the correct singlet potential is ob-
tained, they can be directly used to describe both the late time soft matrix element needed
in quarkonia production as well as the current-current correlators extracted by lattice QCD
calculations. In addition, since this approach is able to treat simultaneously all the states
of the Q− Q¯ system, it allows for a complete determination of the yield suppression taking
into account the overlap between different vacuum and in-medium wave functions. Unfor-
tunately, there is currently no consensus on the functional form of the potential which best
describes lattice data in the vicinity of Tc. As a consequence, in this article I have used
two simple potentials which lead to the sequential disappearance of the different bound
states, without any attempt to adjust to the lattice data. This oversimplified approach is
sufficient to draw the main conclusions of this study and I leave a more refined treatment
of the potential for future work.
One of the main observations of this work is that, while the productions of 1S levels
is dominated by the properties of the in-medium ground state, the production of higher
excited states, such as the 2S ones, is more complicated. As I have shown in section 3.2 these
states are also influenced by the in-medium ground state in addition to the in-medium level
with the same quantum numbers. Thus, to properly describe the suppression of quarkonia
excited states it is not enough to understand the in-medium properties of these states but
also the mixing of states which occurs in the medium, since vacuum and in-medium wave
functions have non-trivial overlap.
This interplay among different states for the production of 2S states also leads to some
unexpected features in their suppression pattern. In the fixed temperature calculations in
section 3.2 I have shown that if the in-medium ground state is totally dissolved or if it is
sufficiently close to threshold there is a strong enhancement in the relative production of
2S to 1S states. This enhancement is generic, independent of the particular details of the
in-medium potential, since it is only a consequence of the fact that the lesser bound the
in-medium levels are the wider they become, increasing their overlap with vacuum excited
states. While the potential approach is more suited for bottomonium states, this feature
of the potential model calculation goes along the trends observed in preliminary ψ(1S)
production data by CMS [17], which indicate a strong enhancement of the double ratio of
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ψ(1S) to J/ψ RAA at moderate pT . However, a more detailed study is needed before a
direct comparison with data can be made.
I have also studied the effect of an expanding medium in quarkonia production. Under
the assumption that the expansion rate is sufficiently slow as compared to the internal pro-
cesses in the plasma, I have used this potential model approach to address the dynamics of
the system in a pre-asymptotic stage (see [49, 50] for related studies) and I have identified
the natural scale for the formation of in-medium states, the ground state period. While for
this exploratory study I have used low binding energies for the different vacuum quarko-
nia states, these formation time effects are important and make the quarkonia production
mostly insensitive to the hottest part of the medium evolution. This observation suggests
that the suppression pattern of quarkonia in nuclear collisions must have a modest depen-
dence on the colliding energy since the higher temperatures reached in energetic collisions
are rapidly relaxed due to the strong longitudinal expansion. Remarkably, this is precisely
the trend observed in comparing suppression data from SPS to the LHC [11–16]. However,
a much more detailed analysis than the one in this work must be performed before we can
determine the relevance of these effects for the observed patterns in suppression data.
These formation time effects have also a important effect in the pattern of suppression of
different quarkonia levels. While for a static medium there is an enhancement of the relative
abundance of excited to ground states whenever the in-medium ground state is dissolved
or close to threshold, the situation in an expanding medium is more complicated. In fact,
even if at the early stages of the system evolution the medium is sufficiently hot to dissolve
the ground state of a given quarkonia family, if for most of the evolution the ground state is
present, the enhancement in the double ratio of 2S to 1S states observed in the static medium
will not have time to develop. Once again, this observation has profound consequences for
quarkonia physics at the LHC: If the anomalous suppression pattern observed in preliminary
CMS data can be attributed to this mixing effect between states below and above the
transitions, the relative enhancement of ψ(2S) production indicates that J/ψ mets for the
most part of the hot medium evolution at the LHC, which, in turn, points towards a low
melting temperature of in-medium quarkonia
In summary, the potential model calculation I have explored in this paper is a simple
and powerful method to describe the suppression patter of quarkonia in heavy ion collisions.
The analysis in this work has been oversimplified not only because of the simplified poten-
tials that I have used, but also for the simplified treatment of quarkonia production which,
in particular, neglects octect contribution, the lack of energy loss of the pair, the interaction
of more than one pair created in the collision, initial state effects, etc. All these processes
must be address before drawing any firm conclusion about quarkonia suppression in data.
Nevertheless, some of the features I have discussed, such as the complicated interplay among
vacuum and medium levels are completely generic of this approach, independently of the
details of the potential.
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